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16.1  HkwfedkHkwfedkHkwfedkHkwfedkHkwfedk

vki fofHkUu izdkj dh la[;kvksa] tSls µ izko`Qr la[;kvksa] iw.kZ la[;kvksa] iw.kk±dksa vkSj ifjes;
la[;kvksa osQ ckjs esa vè;;u dj pqosQ gSaA vki buosQ vusd jkspd xq.kksa dk Hkh vè;;u dj
pqosQ gSaA d{kk VI esa] geus xq.ku[kaMksa vkSj xq.ktksa dks Kkr djus dh [kkst dh rFkk ;g Hkh
ns[kk fd buosQ chp esa D;k laca/ Kkr fd, tk ldrs gSaA bl vè;k; esa] ge la[;kvksa osQ
ckjs esa vkSj vf/d foLr`r tkudkjh izkIr djsaxsA ;s vo/kj.kk,¡ foHkkT;rk osQ fu;eksa dh tk¡p
(tests of divisibility) osQ vkSfpR; dks le>us esa lgk;rk djsaxhA

16.2  O;kid :i esa la[;k,¡O;kid :i esa la[;k,¡O;kid :i esa la[;k,¡O;kid :i esa la[;k,¡O;kid :i esa la[;k,¡

vkb, ,d la[;k 52 ysa vkSj mls bl :i esa fy[ksa %
52 = 50 + 2 = 10 × 5 + 2

blh izdkj] la[;k 37 dks bl izdkj fy[kk tk ldrk gS %
37 = 10 × 3 + 7

O;kid :i esa] vadksa a vkSj b ls cuh fdlh nks vadksa dh la[;k ab dks bl :i esa fy[kk
tk ldrk gS % ab = 10 × a + b = 10a + b

ba osQ ckjs esa D;k dgk tk ldrk gS\ ba = 10 × b + a = 10b + a

vkb,] vc la[;k 351 dks ysaA ;g ,d rhu vadksa dh la[;k gSA bl la[;k dks Hkh
bl :i esa fy[kk tk ldrk gS%

351 = 300 + 50 + 1 = 100 × 3 + 10 × 5 + 1 × 1

blh izdkj] 497 = 100 × 4 + 10 × 9 + 1 × 7

O;kid :i esa] vadksa a, b vkSj c ls cuh fdlh rhu vadksa dh la[;k abc dks bl :i esa
fy[kk tk ldrk gS %

abc = 100 × a + 10 × b + 1 × c

= 100a + 10b + c

blh izdkj] cab = 100c + 10a + b

bca = 100b + 10c + a bR;kfnA

la[;kvks a osQ lkFk [ksyukla[;kvks a osQ lkFk [ksyukla[;kvks a osQ lkFk [ksyukla[;kvks a osQ lkFk [ksyukla[;kvks a osQ lkFk [ksyuk
vè;k;

16

;gk¡ ab dk vFkZ
a × b ugha gSA
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260  xf.kr

iz;kl dhft,

1. fuEufyf[kr la[;kvksa dks O;kid :i esa fyf[k, %
(i) 25 (ii) 73 (iii) 129 (iv) 302

2. fuEufyf[kr dks lkekU; :i esa fyf[k, %
(i) 10 × 5 + 6 (ii) 100 × 7 + 10 × 1 + 8          (iii)   100a + 10c + b

16.3  la[;kvksa osQ lkFk [ksy

(i) vadksa dk iyVukµnks vadksa dh la[;k
ehuk{kh us lqanje ls dksbZ nks vadksa okyh la[;k lkspus dks dgk rFkk ;g Hkh dgk fd
og vc tSlk dgrh tk, og mlh izdkj djrk tk,A muosQ okrkZyki dks fuEufyf[kr
vko`Qfr esa n'kkZ;k x;k gSA vkxs i<+us ls igys] o`Qi;k vko`Qfr dk è;kuiwoZd
vè;;u djsaA

ehuk{kh vkSj lqanje esa okrkZyki % igyk nkSj

;gk¡ ,slk gksrk gS fd lqanje 49 pqurk gSA vad iyVus ij rc mls la[;k 94 izkIr gksrh
gSA fiQj og bu la[;kvksa dks tksM+dj 49 + 94 = 143 izkIr djrk gSA var esa] mlus bl la[;k
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la[;kvksa osQ lkFk [ksyuk  261

dks 11 ls Hkkx nsdj] 143 ÷ 11 = 13 izkIr fd;k vkSj dksbZ 'ks"kiQy ugha jgkA ;gh og ckr
gS tks ehuk{kh us igys ls gh crkbZ (vFkkZr~ izkxqfDr dh gSA)A

iz;kl dhft,

tk¡p dhft, fd ;fn lqanje us fuEufyf[kr la[;k,¡ pquh gksrh] rks ifj.kke D;k izkIr gksrs %
1. 27 2. 39 3. 64 4. 17

vkb,] vc ns[ksa fd D;k ge ehuk{kh dh ^prqjkbZ* "(trick)" dks Li"V dj ldrs gSaA
eku yhft, fd lqanje la[;k ab pqurk gS] tks nks vadksa dh la[;k 10a + b dk laaf{kIr :i
gSA vadksa dks iyVus ij] og la[;k ba = 10b + a izkIr djrk gSA bu nksuksa la[;kvksa dks tksM+us
ij] og izkIr djrk gS %

(10a + b) + (10b + a) = 11a + 11b

= 11 (a + b)

vr%] izkIr ;ksx lnSo 11 dk ,d xq.kt (multiple) gS] tSlk fd ehuk{kh us nkok fd;k gSA
è;ku nhft, fd ;fn ge ;ksx dks 11 ls Hkkx nsa] rks HkkxiQy (a + b) izkIr gksrk gSA ;g

HkkxiQy pquh xbZ la[;k ab osQ vadksa osQ ;ksx osQ cjkcj gSA
vki mijksDr dh tk¡p fdruh Hkh nks vadksa dh la[;kvksa dks ysdj dj ldrs gSaA

ehuk{kh vkSj lqanje dk [ksy tkjh jgrk gS!
ehuk{kh % ,d vU; nks vadksa dh la[;k osQ ckjs esa lkspksA ijarq eq>s og la[;k ugha crkukA
laqnje % Bhd gS!
ehuk{kh % vc vadksa dks iyVks vkSj cM+h la[;k esa ls NksVh la[;k dks ?kVkvksA
lqanje % eSaus ?kVk fy;k gSA vc vkxs D;k djuk gS\
ehuk{kh % vc vius mÙkj dks 9 ls Hkkx nksA esjk nkok gS fd 'ks"kiQy 'kwU; gksxkA
lqanje % gk¡] rqe lgh dg jgh gksA okLro esa] ;gk¡ 'ks"kiQy 'kwU; gh gSA ijarq bl ckjs esa eSa

tkurk gw¡ fd rqe bl ckjs esa bruh fu¯'pr D;ksa gks!
okLro esa] lqanje us la[;k 29 lksph FkhA blosQ vadksa dks iyVdj mlus la[;k 92 izkIr

dhA fiQj mlus 92 – 29 = 63 izkIr fd;k rFkk var esa mlus 63 ÷ 9 Kkr fd;k] tks HkkxiQy 7
nsrk gS vkSj 'ks"kiQy 'kwU; gSA

iz;kl dhft,

tk¡p dhft, fd ;fn lqanje us mijksDr osQ fy, fuEufyf[kr la[;k pquh gksrh] rks D;k
ifj.kke izkIr gksrs %
1. 17 2. 21 3. 96 4. 37

vkb, ns[ksa fd fdl izdkj lqanje ehuk{kh dh nwljh prqjkbZ dks Li"V djrk gSA (vc og ,slk
djus esa vkRefo'okl dk vuqHko djus yxk gS!)
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eku yhft, fd og nks vadksa dh la[;k ab = 10a + b pqurk gSA vadksa dks iyVus ij] og
la[;k ba = 10b + a izkIr djrk gSA vr% ehuk{kh mls cM+h la[;k esa ls NksVh la[;k ?kVkus dks
dgrh gSA

• ;fn ngkbZ dk vad bdkbZ osQ vad ls cM+k gS (vFkkZr~ a > b gS)] rks og bl izdkj
?kVkrk gS %

(10a + b) – (10a + b) = 10a + b – 10b – a

= 9a – 9b = 9(a – b)

• ;fn bdkbZ dk vad ngkbZ osQ vad ls cM+k gS (vFkkZr~ b > a gS)] rks og bl izdkj
?kVkrk gS %

(10b + a) – (10a + b) = 9(b – a)

• fuLlansg] tc a = b gS] rks og 0 izkIr djrk gSA

izR;sd fLFkfr esa] ifj.kkeh la[;k 9 ls foHkkT; gSA vr% 'ks"kiQy 0 gSA è;ku nhft, fd
;fn ge ?kVkus ij izkIr ifj.kkeh la[;k dks 9 ls Hkkx nsa] rks gesa a > b ;k a < b osQ vuqlkj
(a – b) ;k (b – a) izkIr gksrk gSA vki dksbZ Hkh vU; nks vadksa dh la[;k,¡ ysdj mijksDr rF;
dh tk¡p dj ldrs gSaA

(ii) vadksa dk iyVukµrhu vadksa dh la[;k

vc laqnje dh ckjh gS fd og oqQN prqjkb;ksa dks fn[kk,A

lqanje % ,d rhu vadksa dh dksbZ la[;k lkspks] ijarq blosQ ckjs esa eq>s ugha crkukA

ehuk{kh % Bhd gS!

lqanje % vc bu vadksa dks myVs Øe esa (iyVrs gq,) ysdj] ,d u;h la[;k cukvks vkSj
cM+h la[;k esa ls NksVh la[;k dks ?kVkvksA

ehuk{kh % Bhd gS] eSaus ?kVk fy;k gSA vkxs D;k djuk gS\

lqanje % vius mÙkj dks 99 ls Hkkx nhft,A eSa fuf'pr :i ls dg ldrk gw¡ fd 'ks"kiQy
'kwU; gksxkA

okLro esa] ehuk{kh us rhu vadksa dh la[;k 349 pquh FkhA blfy, mlus izkIr fd;k %
• vad iyVus ij la[;k % 943_
• varj % 943 – 349 = 594_
• foHkktu % 594 ÷ 99 = 6, 'ks"kiQy 'kwU; osQ lkFkA

iz;kl dhft,

tk¡p dhft, fd ;fn ehuk{kh us fuEufyf[kr la[;k,¡ pquh gksrha] rks ifj.kke D;k izkIr gksrk\
izR;sd fLFkfr esa] var esa izkIr gq, HkkxiQy dk ,d fjdkWMZ (record) jf[k,A
1. 132 2. 469 3. 737 4. 901

vkb, ns[ksa fd ;g prqjkbZ oSQls dk;Z djrh gSA eku yhft, fd ehuk{kh }kjk pquh xbZ rhu vadksa
dh la[;k abc = 100a + 10b + c gSA
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la[;kvksa osQ lkFk [ksyuk  263

vadksa dks iyVus ij] og la[;k cba = 100c + 10b + a izkIr djrh gSA ?kVkus ij izkIr gksxk %

• ;fn a > c gS] rks la[;kvksa dk varj gS]
(100a + 10b + c) – (100c + 10b + a) = 100a + 10b + c – 100c – 10b – a

= 99a – 99c = 99(a – c).

• ;fn c > a gS] rks la[;kvksa dk varj gS]
(100c + 10b + a) – (100a + 10b + c) = 99c – 99a = 99(c – a).

• fu%lansg ;fn] a = c gS rks varj 0 gSA

izR;sd fLFkfr esa] ifj.kkeh la[;k 99 ls foHkkT; gSA blfy,] 'ks"kiQy 0 izkIr gksrk gSA è;ku
nhft, fd HkkxiQy (c – a) gksxkA vki rhu vadksa dh vU; la[;k,¡ ysdj blh rF; dh tk¡p
dj ldrs gSaA

(iii) fn, gq, rhu vadksa ls rhu vadksa dh la[;k,¡ cukuk

vc ,d ckj fiQj ehuk{kh dh ckjh gSA

ehuk{kh % rhu vadksa dh dksbZ la[;k lkspksA

lqanje % Bhd gS] eSaus ,slk dj fy;k gSA

ehuk{kh % vc bl la[;k dk iz;ksx nks vU; rhu vadksa dh la[;k,¡ cukus esa bl izdkj djks %
;fn rqeus la[;k abc pquh gS] rks

• igyh la[;k cab (vFkkZr~ bdkbZ dk vad ml la[;k osQ lcls ck,¡ fljs ij igq¡p x;k) gSA

• vU; la[;k bca (vFkkZr~ lSdM+s dk vad ml la[;k osQ lcls nk,¡ fljs ij igq¡p x;k) gSA

vc bu la[;kvksa dks tksM+ksA ifj.kkeh la[;k dks 37 ls Hkkx nksA esjk nkok gS fd 'ks"kiQy
'kwU; gksxkA

lqanje % gk¡] rqe lgh gksA

okLro esa] lqanje us rhu vadksa dh la[;k 237 lksph FkhA tSlk ehuk{kh us djus dks dgk Fkk
oSlk djus osQ i'pkr~~ mlus la[;k,¡ 723 rFkk 372 ikbZA vr% mlus ;g fd;kA

2  3  7

+ 7  2  3

+ 3  7  2

1  3  3  2

fiQj mlus ifj.kkeh la[;k 1332 dks 37 ls Hkkx fn;k %
1332 ÷ 37 = 36,    'ks"kiQy 'kwU; osQ lkFkA

iz;kl dhft,

tk¡p dhft, fd ;fn lqanje us fuEufyf[kr la[;k,¡ lksph gksrh] rks ifj.kke D;k izkIr gksrk %
1. 417 2. 632 3. 117 4. 937

rhuksa vadksa 2] 3 vkSj 7 dk iz;ksx djosQ] rhu vadksa okyh lHkh laHko
la[;k,¡ cukb, rFkk budk ;ksx Kkr dhft,A tk¡p dhft, fd D;k ;g
;ksx 37 ls foHkkT; gSA D;k ;g la[;k abc osQ rhuksa vadksa a,b vkSj c ls

cuh lHkh la[;kvksa osQ ;ksx osQ fy, lR; gSA

2019-20



264  xf.kr

D;k ;g prqjkbZ lnSo dk;Z djrh gS\
vkb, ns[ksa % abc = 100a + 10b + c

cab = 100c + 10a + b

bca = 100b + 10c + a

abc + cab + bca = 111(a + b + c)

= 37 × 3(a + b + c),  tks 37 ls foHkkT; gSA

16.4  vadksa osQ fy, v{kj

;gk¡ gekjs lEeq[k oqQN igsfy;k¡ gSa tgk¡ ,d vadxf.krh; iz'u esa vadksa osQ LFkkuksa ij v{kj gksrs
gSa rFkk leL;k ;g Kkr djus dh gS fd dkSu&lk v{kj fdl vad dks fu:fir djrk gSA vr%]
;g ,d izdkj ls dksM (code) dks gy djus tSlh ckr gSA izk;% ge ;ksx vkSj xq.ku dh leL;kvksa
rd lhfer jgsaxsA ,slh igsfy;ksa dks gy djrs le; viuk, tkus okys nks fu;e ;s gSa %

1. igsyh esa] izR;sd v{kj osQoy ,d gh vad dks izn£'kr djuk pkfg,A ,d vad osQoy
,d gh v{kj ls izn£'kr fd;k tkuk pkfg,A

2. ,d la[;k dk igyk vad 'kwU; ugha gks ldrkA bl izdkj] ge la[;k frjlB dks
^063* ;k ^0063* u fy[kdj ^63* fy[krs gSaaA

,d fu;e ftldk gesa ikyu djuk gS og ;g gS fd ,d igsyh dk osQoy ,d gh mÙkj gksuk pkfg,A

mnkgj.k 1 : fuEufyf[kr ;ksx esa Q Kkr dhft, %

3  1  Q

+ 1  Q  3

5  0  1

gy : ;gk¡ osQoy ,d v{kj Q gS] ftldk gessa eku Kkr djuk gSA
bdkbZ osQ LraHk esa] mijksDr ;ksx dk vè;;u dhft,A Q + 3 ls gesa 1 izkIr gksrk gSA vFkkZr~

,d la[;k ftldh bdkbZ dk vad 1 gSA
,slk gksus osQ fy,] Q vad 8 gksuk pkfg,A vr% bl igsyh dks uhps n'kkZ, vuqlkj gy

fd;k tk ldrk gS %
3  1  8

+ 1  8  3

5  0  1 vFkkZr~ Q = 8 gSA

mnkgj.k  2 : fuEufyf[kr ;ksx esa] A vkSj B Kkr dhft,A

A

+ A

+ A

B A
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gy : blesa nks v{kj A vkSj B gSa] ftuosQ eku Kkr fd, tkus gSaA

bdkbZ osQ LraHk esa ;ksx dk vè;;u dhft, % rhu A dk ;ksx ,d ,slh la[;k gS ftldh
bdkbZ dk vad A gSA vr% nks A dk ;ksx ,d ,slh la[;k gksuh pkfg, ftldh bdkbZ dk vad
0 gksA ;g rHkh gksxk tc A = 0 gks ;k A = 5 gksA

;fn A = 0 gS] rks ;ksx 0 + 0 + 0 = 0 gksxk] ftlls B = 0 gks tk,xkA ge bls ugha pkgsaxs
(D;ksafd blls A = B gks tk,xk vkSj BA osQ ngkbZ dk vad Hkh 0 gks tk,xk)A blfy, ge
bls NksM+ nsrs gSaA vr% A = 5 gSA

blfy,] ;g igsyh uhps n'kkZ, vuqlkj gy gksxh %

5

+ 5

+ 5

vFkkZr~] A = 5 vkSj B = 1 gksA 1 5

mnkgj.k 3 : A vkSj B dks Kkr dhft, %

B  A

× B  3

5 7  A

gy : ;gk¡ Hkh nks v{kj A vkSj B gSa] ftuosQ eku Kkr fd, tkus gSaA D;ksafd 3 × A osQ bdkbZ
dk vad A gS] blfy, ;k rks  A = 0 gS ;k A = 5 gSA

vc B dks nsf[k,A ;fn B = 1 gks] rks BA × B3 dk eku vf/d ls vf/d 19 × 19]
vFkkZr~ 361 gksxkA ijarq ;gk¡ xq.kuiQy 57A gS] tks 500 ls vf/d gSA vr% B = 1 ugha
gks ldrkA

;fn B = 3 gks] rks BA × B3 dk xq.kuiQy 30 × 30 ls vf/d gksxk] vFkkZr~ ;g 900 ls
vf/d gksxkA ijarq 57A dk eku 600 ls de gSA vr% B = 3 ugha gks ldrkA

mijksDr nksuksa rF;ksa dks n`f"Vxr j[krs gq,] B dk eku osQoy 2 gh gks ldrk gSA vr% fn;k
gqvk xq.ku ;k rks 20 × 23 gksxk ;k 25 × 23 gksxkA

igyh laHkkouk ugha gks ldrh] D;ksafd 20 × 23 = 460 gSA ijarq nwljh laHkkouk lgh gS]
D;ksafd 25 × 23 = 575 gSA

vr% A = 5 vkSj B = 2 gSA
    2  5

× 2  3

5 7  5
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nks vadksa dh ,d la[;k ab fyf[k, rFkk blosQ vadksa dks iyVus ij izkIr la[;k ba fyf[k,A
budk ;ksx Kkr dhft,A eku yhft, ;g ;ksx ,d rhu vadksa dh la[;k dad gSA

vFkkZr~ ab + ba = dad

(10a + b) + (10b + a) = dad

11(a + b) = dad

;ksx (a + b) la[;k 18 ls vf/d ugha gks ldrk (D;ksa\)A D;k dad, 11 dk ,d xq.kt gS\
D;k dad, 198 ls de gS\ 198 rd rhu vadksa dh ,slh lHkh la[;k,¡ fyf[k,] tks 11 dh
xq.kt gSaA a vkSj d osQ eku Kkr dhft,A

iz'ukoyh 16.1

fuEufyf[kr esa ls izR;sd esa v{kjksa osQ eku Kkr dhft, rFkk lac¼ pj.kksa osQ fy, dkj.k
Hkh nhft, %

1. 2. 3.

4. 5. 6.

7. 8. 9.

10.

bUgsa dhft,

1 A

× A

9 A

4 A

+ 9 8

C B 3

3 A

+ 2 5

B 2

A B

+ 3 7

6 A

1 2 A

+ 6 A B

A 0 9

A 1

+ 1 B

B 0

A B

× 6

B B B

2 A B

+ A B 1

B 1 8

A B

× 5

C A B

A B

× 3

C A B
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16.5  foHkkT;rk dh tk¡p

d{kk VI esa vki ;g i<+ pqosQ gSa fd fuEufyf[kr Hkktdksa ls fdl izdkj foHkkT;rk
(divisibility) dh tk¡p dh tkrh gS %

10, 5, 2, 3, 6, 4, 8, 9, 11

vkidks budh tk¡p djus osQ fu;e ljy yxs gksaxs] ijarq lkFk gh vkius ;g Hkh vk'p;Z fd;k
gksxk fd ;s fdl izdkj dk;Z djrs gSaA vc ge bl vè;k; esa] buosQ ^D;ksa* okys igyw ij
ppkZ djsaxsA

16.5.1  10 }kjk foHkkT;rk

;g fu'p; gh lHkh esa ls lcls ljy tk¡p gSA ge igys 10 osQ oqQN xq.ktksa dks ns[krs gSa %
10, 20, 30, 40, 50, 60, ... ,

blosQ lkFk 10 osQ oqQN vxq.ktksa (non-multiples) dks nsf[k, 13, 27, 32, 48, 55, 69, ...  bu
la[;kvksa ls gesa ;g irk pyrk gS fd ,slh la[;k,¡ ftudh bdkbZ dk vad 0 gS] 10 osQ xq.kt
gSa rFkk os la[;k,¡ ftudh bdkbZ dk vad 0 ugha gS] 10 osQ xq.kt ugha gSaA blls gesa 10 }kjk
foHkkT;rk dh tk¡p dk ,d fu;e izkIr gksrk gSA

fuLlansg] gesa osQoy tk¡p dk fu;e nsdj gh ugha #d tkuk pkfg,A gesa ;g Hkh Li"V
djuk pkfg, fd ;g tk¡p dk fu;e fdl rjg dk;Z djrk gSA ,slk djuk dfBu ugha gSA gesa
osQoy LFkkuh; eku (place value) osQ fu;eksa dks ;kn j[kuk gSA

dksbZ la[;k ... cba yhft,A ;g fuEufyf[kr la[;k dk laf{kIr :i gS %
... + 100c + 10b + a

;gk¡ a bdkbZ dk vad gS] b ngkbZ dk vad gS] c lSdM+s dk vad gS bR;kfnA ;gk¡ rhu
¯cnq (...) ;s n'kkZrs gSa fd c osQ ckb± vksj vkSj vad gks ldrs gSaaA

D;ksafd 10] 100] --- 10 ls foHkkT; gSa] blfy, 10b, 100c, ... Hkh 10 ls foHkkT; gksaxsA
tgk¡ rd la[;k a dk iz'u gS] ;fn nh gqbZ la[;k 10 ls foHkkT; gS] rks a dks Hkh 10 ls
foHkkT; gksuk pkfg,A ;g rHkh laHko gS] tc a = 0 gSSA

vr% dksbZ la[;k 10 ls foHkkT; gksrh gS] ;fn mldk bdkbZ osQ LFkku ij 0 gSA

16.5.2  5 ls foHkkT;rk

5 osQ xq.ktksa dks nsf[k, % 5, 10, 15, 20, 25, 30, 35, 40, 45, 50, ...

ge ns[krs gSa fd bdkbZ osQ vad 5 vkSj 0 ,d la[;k NksM+dj vk jgs gSa rFkk buosQ vfrfjDr
bdkbZ osQ LFkku ij dksbZ vU; vad ugha vk jgk gSA

vr% gesa 5 }kjk foHkkT;rk dk ;g fu;e izkIr gksrk gS % ;fn fdlh la[;k dh bdkbZ dk
vad 5 ;k 0 gS] rks og la[;k 5 ls foHkkT; gksrh gSA

vkb,] bl fu;e dks Li"V djsaA fdlh la[;k ... cba dks bl izdkj fy[kk tk ldrk gS %
... + 100c + 10b + a

pw¡fd 10] 100] --- 10 ls foHkkT; gSa] blfy, 10b, 100b, ... Hkh 10 ls foHkkT; gksaxs rFkk ;gh
ckn esa 5 ls Hkh foHkkT; gksaxs] D;ksafd 10 = 5 × 2 gSA tgk¡ rd la[;k a dk iz'u gS] ;fn la[;k
5 ls foHkkT; gS] rks bls Hkh 5 ls foHkkT; gksuk pkfg,A vr% a dks ;k rks 0 ;k 5 gksuk pkfg,A

2019-20



268  xf.kr

iz;kl dhft,

(igyk iz'u vkidh lgk;rk osQ fy, fd;k gqvk gSA)
1. ;fn foHkktu N ÷ 5 ls 'ks"kiQy 3 izkIr gksrk gS] rks N dh bdkbZ dk vad D;k gks

ldrk gS\
(bdkbZ osQ vad dks 5 ls Hkkx nsus ij 'ks"kiQy 3 vkuk pkfg,A vr% bdkbZ dk vad
3 ;k 8 gksxkA)

2. ;fn foHkktu N ÷ 5 ls 'ks"kiQy 1 izkIr gksrk gS] rks N dh bdkbZ dk vad D;k gks
ldrk gS\

3. ;fn foHkktu N ÷ 5 ls 'ks"kiQy 4 izkIr gksrk gS] rks N dh bdkbZ dk vad D;k gks ldrk gS\

16.5.3  2 ls foHkkT;rk

;s lHkh le la[;k,¡ gSa % 2, 4, 6, 8, 10, 12, 14, 16, 18, 20, 22, ... ,

rFkk ;s fo"ke la[;k,¡ gSa % 1, 3, 5, 7, 9, 11, 13, 15, 17, 19, 21, ... ,

ge ns[krs gSa fd ,d izko`Qr la[;k le gksrh gS] ;fn bldh bdkbZ dk vad gks]
2, 4, 6, 8 ;k 0

,d la[;k fo"ke gksrh gS] ;fn bldh bdkbZ dk vad gks] 1, 3, 5, 7 ;k 9
d{kk VI esa lh[ks x, 2 dh foHkkT;rk dh tk¡p osQ fu;e dks ;kn dhft,A ;g fu;e bl

izdkj gS %
;fn fdlh la[;k dh bdkbZ dk vad 0] 2] 4] 6 ;k 8 gks rks og la[;k 2 ls foHkkT;

gksrh gSA
blosQ fy, Li"Vhdj.k bl izdkj gS %

fdlh Hkh la[;k ... cba dks ... + 100c + 10b + a osQ :i essa fy[kk tk ldrk gSA blosQ
igys nks in 100c vkSj 10b la[;k 2 ls foHkkT; gSa] D;ksafd 100 vkSj 10 la[;k 2 ls foHkkT;
gSaA tgk¡ rd a dk iz'u gS] ;fn nh gqbZ la[;k 2 ls foHkkT; gS] rks bls Hkh 2 ls foHkkT;
gksuk pkfg,A ;g rHkh laHko gS] tc a = 0, 2, 4, 6 ;k 8 gksA

iz;kl dhft,

(igyk&iz'u vkidh lgk;rk osQ fy, fd;k gqvk gSA)
1. ;fn foHkktu N ÷ 2 ls 'ks"kiQy 1 izkIr gksrk gS] rks N dh bdkbZ dk vad D;k gks

ldrk gS\
(N fo"ke gSA blfy, bldh bdkbZ dk vad fo"ke gksxkA vr% N dh bdkbZ dk vad
1] 3] 5] 7 ;k 9 gksxkA)

2. ;fn foHkktu N ÷ 2 ls dksbZ 'ks"k izkIr ugha gksrk (vFkkZr~ 'ks"kiQy 0 gS)] rks N dh
bdkbZ dk vad D;k gks ldrk gS\

3. eku yhft, fd foHkktu N ÷ 5 ls 'ks"kiQy 4 vkSj foHkktu N ÷ 2 ls 'ks"kiQy 1 izkIr
gksrk gSA N dh bdkbZ dk vad D;k gksuk pkfg,\
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16.5.4  9 vkSj 3 ls foHkkT;rk

vc rd Kkr fd, x, foHkkT;rk dh tk¡p osQ rhu fu;eksa dks è;kuiwoZd nsf[k,] tks 10]
5 vkSj 2 osQ foHkktu dh tk¡p osQ fy, FksA ge bueas ,d leku ckr ns[k jgs gSa % buesa
nh gqbZ la[;k dh osQoy bdkbZ osQ vad dk gh iz;ksx gksrk gS rFkk vU; vadksa ls bu ij
dksbZ izHkko ugha iM+rkA bl izdkj] foHkkT;rk dk fu.kZ; osQoy bdkbZ osQ vad ls gh gks tkrk
gSA 10] 5 vkSj 2 la[;k 10 osQ Hkktd (division) gSa] tks gekjh LFkkuh; eku i¼fr esa ,d
egRoiw.kZ la[;k gSA

ijarq 9 ls foHkkT;rk dh tk¡p esa ;s fu;e ugha pysaxsA vkb,] dksbZ la[;k] eku yhft,
3573 ysaA bldk izlkfjr :i 3 × 1000 + 5 × 100 + 7 × 10 + 3 gSA

bls bl izdkj Hkh fy[k ldrs gSa %

 3 × (999 + 1) + 5 × (99 + 1) + 7 × (9 + 1) + 3

                  = 3 × 999 + 5 × 99 + 7 × 9 + (3 + 5 + 7 + 3) ... (1)

ge ns[krs gSa fd la[;k 9 ;k 3 ls rHkh foHkkT; gksxh] ;fn (3 + 5 + 7 + 3) la[;k 9 ;k
3 ls foHkkT; gksA

ge ns[krs gSa fd (3 + 5 + 7 + 3) = 18 la[;k 9 ls foHkkT; gS vkSj 3 ls Hkh foHkkT; gSA
vr% la[;k 3573 la[;kvksa 9 vkSj 3 nksuksa ls foHkkT; gSA

vkb,] vc la[;k 3576 ij fopkj djsaA Åij dh gh rjg] ge izkIr djrs gSa %

3576 = 3 × 1000 + 5 × 100 + 7 × 10 + 6

= 3 × 999 + 5 × 99 + 7 × 9 + (3 + 5 + 7 + 6)

D;ksafd (3 + 5 + 7 + 6) = 21, 9 ls foHkkT; ugha gS] ijarq 3 ls foHkkT; gS] blfy, 3576]
la[;k 9 ls foHkkT; ugha gSA ijarq ;g 3 ls foHkkT; gSA vr%]

(i) ,d la[;k N la[;k 9 ls foHkkT; gksrh gS] ;fn blosQ vadksa dk ;ksx 9 ls foHkkT; gksA
vU;Fkk og 9 ls foHkkT; ugha gksrh gSA

(ii) ,d la[;k N la[;k 3 ls foHkkT; gksrh gS] ;fn blosQ vadksa dk ;ksx 3 ls foHkkT; gksA
vU;Fkk ;g 3 ls foHkkT; ugha gksxhA

;fn la[;k cba gS] rks 100c + 10b + a = 99c + 9b + (a + b + c)

= 9(11 ) ( )c b a b c+ + + +
�����

3 vkSj 9 l s foHkkT;

vr% 9 (;k 3) dh foHkkT;rk rHkh laHko gS] tc (a × b × c) 9 (;k 3) ls foHkkT; gksA

mnkgj.k 4 : 21436587 dh 9 ls foHkkT;rk dh tk¡p dhft,A

gy : 21436587 osQ vadksa dk ;ksx = 2 + 1 + 4 + 3 + 6 + 5 + 8 + 7 = 36

;g ;ksx 9 ls foHkkT; gSA (36 ÷ 9 = 4)
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vr% ge ;g fu"d"kZ fudkyrs gSa fd 21436587 la[;k 9 ls foHkkT; gSA ge nksckjk tk¡p

Hkh dj ldrs gSaA 
21436587

2381843
9

=  (foHkkT; iw.kZ gS)

mnkgj.k 5 : 152875 dh 9 ls foHkkT;rk dh tk¡p dhft,A

gy : 152875 osQ vadksa dk ;ksx 1 + 5 + 2 + 8 + 7 + 5 = 28 gSA ;g la[;k 9 ls foHkkT;
ugha gSA ge fu"d"kZ fudkyrs gSa fd 152875 la[;k 9 ls foHkkT; ugha gSA

iz;kl dhft,

fuEufyf[kr la[;kvksa dh 9 ls foHkkT;rk dh tk¡p dhft, %

1. 108 2. 616 3. 294 4. 432 5. 927

mnkgj.k 6 : ;fn rhu vadksa dh la[;k 24x, 9 ls foHkkT; gS] rks x dk eku D;k gS\

gy : D;ksafd 24x, la[;k 9 ls foHkkT; gS] blfy, blosQ vadksa dk ;ksx 2 + 4 + x, 9
ls foHkkT; gksuk pkfg,A vFkkZr~ 6 + x, a ls foHkkT; gksuk pkfg,A

;g rHkh laHko gS] tc 6 + x ;k rks 9 gks ;k 18 gksA D;ksafd x ,d vad gS] blfy,
6 + x = 9 gksxkA vr%] x = 3 gSA

lksfp,] ppkZ dhft, vkSj fyf[k,

1. vki ns[k pqosQ gSa fd 450] 10 ls foHkkT; gSA ;g 2 vkSj 5 ls Hkh foHkkT; gS] tks
10 osQ xq.ku[kaM gSaA blh izdkj] la[;k 135] 9 ls foHkkT; gSA ;g 3 ls Hkh foHkkT;
gS] tks 9 dk ,d xq.ku[kaM gSA

D;k vki dg ldrs gSa fd ;fn dksbZ la[;k fdlh la[;k m ls foHkkT; gks] rks og m

osQ izR;sd xq.ku[kaM ls Hkh foHkkT; gksxh\

2. (i) ,d rhu vadksa dh la[;k abc dks 100a + 10b + c osQ :i esa fyf[k,A vc

100a + 10b + c = 99a + 11b + (a – b + c)

= 11(9a + b) + (a – b + c)

;fn la[;k abc, 11 ls foHkkT; gS] rks vki (a – b + c) osQ ckjs esa D;k dg ldrs
gSa\ D;k ;g vko';d gS fd (a + c – b), 11 ls foHkkT; gks\

(ii) ,d pkj vadksa dh la[;k abcd dks bl izdkj fyf[k, %

1000a + 100b + 10c + d

= (1001a + 99b + 11c) – (a – b + c – d)

= 11(91a + 9b + c) + [(b + d) – (a + c)]
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;fn la[;k abcd, 11 ls foHkkT; gS] rks (b + d) – (a + c) osQ ckjs esa vki D;k
dg ldrs gSa\

(iii) mijksDr (i) vkSj (ii) ls] D;k vki dg ldrs gSa fd dksbZ la[;k 11 ls foHkkT;
gksxh] ;fn blosQ fo"ke LFkkuksa osQ vadksa osQ ;ksx vkSj le LFkkuksa osQ vadksa osQ ;ksx
dk varj 11 ls foHkkT; gksxk\

mnkgj.k 7 : 2146587 dh 3 ls foHkkT;rk dh tk¡p dhft,A

gy : 2146587 osQ vadksa dk ;ksx 2 + 1 + 4 + 6 + 5 + 8 + 7 = 33 gSA tks Li"Vr%

3 ls foHkkT; gS (33 ÷ 3 = 11)A vr% ge fu"d"kZ fudkyrs gSa fd 2146587] la[;k 3 ls
foHkkT; gSA

mnkgj.k 8 : 15287 dh 3 ls foHkkT;rk dh tk¡p dhft,A

gy : 15287 osQ vadksa dk ;ksx = 1 + 5 + 2 + 8 + 7 = 23 ;g 3 ls foHkkT; ugha gSA
ge fu"d"kZ fudkyrs gSa fd 15287 la[;k 3 ls foHkkT; ugha gSSA

iz;kl dhft,

fuEufyf[kr la[;kvksa dh 3 ls foHkkT;rk dh tk¡p dhft,A

1. 108 2. 616 3. 294 4. 432 5. 927

iz'ukoyh 16-2

1. ;fn 21y 5, 9 dk ,d xq.kt gS] tgk¡ y ,d vad gS] rks  y dk eku D;k gS\

2. ;fn 31z 5, 9 dk ,d xq.kt gS] tgk¡ z ,d vad gS] rks z dk eku D;k gS\ vki ns[ksasxs
fd blosQ nks mÙkj gSaA ,slk D;ksa gS\

3. ;fn 24x, 3 dk ,d xq.kt gS] tgk¡ x ,d vad gS] rks x dk eku D;k gS\

(D;ksafd 24x, 3 dk ,d xq.kt gS] blfy, blosQ vadksa dk ;ksx 6 + x, 3 dk ,d xq.kt
gSaA vFkkZr~ 6 + x fuEufyf[kr esa dksbZ ,d la[;k gksxh]

  0, 3, 6, 9, 12, 15, 18, ...

ijarq pw¡fd x ,d vad gS] blfy, 6 + x = 6 ;k 6 + x = 9 ;k 6 + x = 12 ;k
6 + x = 15 gks ldrk gSA vr%] x = 0 ;k 3 ;k 6 ;k 9 gks ldrk gSA blfy, x dk
eku bu pkjksa fofHkUu ekuksa esa ls dksbZ ,d gks ldrk gSA

4. ;fn 31z 5, 3 dk ,d xq.kt gS] tgk¡ z ,d vad gS] rks z dk eku D;k gks ldrk gS\
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geus D;k ppkZ dh\

1. la[;kvksa dks O;kid :i esa fy[kk tk ldrk gSA bl izdkj] nks vadksa dh la[;k ab dks 10a + b fy[kk
tk ldrk gSA

2. la[;kvksa osQ O;kid :i igsfy;ksa ;k la[;k [ksyksa dks gy djus esa lgk;d gksrs gSaA

3. la[;kvksa dh 10] 5] 2] 9 ;k 3 }kjk foHkkT;rk dh roZQlaxrrk iznku dh tk ldrh gS] ;fn mUgsa
O;kid :i esa fy[kk tk,A
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